Introduction Let us consider the initial value problem (i) x = Ax, x(0) = x Q ,
where A is a single-valued operator (nonlinear in general), mapping a Banach space V into its dual V* .
It is known (see [l]) that if A is strongly dissipative then exists a unique solution of (i).
The aim of the paper is to show the existence and unicity of a solution of the perturbed problem (ii) x e Ax + B(t)x; x(0) = x Q .
In the orientor equation (ii), | B (in) , t ^oj is a family of multivalued maximally dissipative mappings. We shall assume that for each fixed x e V the multivalued function t-B(t)x, (t € [0,oo)J is measurable. The problem (ii) can be interpreted as a problem with multivalued perturbation for a nonlinear parabolic equation; some problems for hyperbolic equations can be also reduced to (ii).
In particular (ii) allows us to define and to find a generalized solution of the equation of type x = Ax + B(t)x, with the initial condition x(0) » for non-continuous, o' * monotonly decreasing function B(t). This can be achieved -1059 -
G.Rzezuchowska by extending B(t)
to a multivalued maximally dissiipative mapping.
Formulation of the problem
Let V be a reflexive, separable Banach space which is continuously and densely included in a Hilbert space H. Identifying H with its dual we shall use the inclusions V c H c V 1 .
It is known (see [5] ) that in every reflexive Banach space X an equivalent norm can be set up such that X and X' (with dual norm) are strictly convex. So we shall already assume that V and V' are strictly convex. As we mentioned before The aim of the paper is to show the existence and unicity of a solution of the Cauchy problem (1) e Au + B(t)u (2) u(0) u"; u e H.
c ' o
As a solution of (1), (2) (1), (2) . The operators B Ä ximate B(t) in a similar way as in Yosida's approximation of time independent operator in a Hilbert space: (see [6] , [7] ).
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Construction of operators approximating
Let F : V--2 7 ' be defined as follows
As V, V' are strictly convex so P is single-valued, semicontinuous and (V x,y e V) (Fx -Fy,x-y) > (||x|| -||y||) 2 .
These properties of F and Theorem 1.2 from [l], page 39, imply that for each A>0 the mapping u--F( u-x)-AB(t )u is surjective. Hence
It is easy to show that x^(t) is unique (hence also y*(t) is unique).
Let us introduce the following notations: Ix(t):V -V the mapping defined as I^itjx = xa(t); t):V -v' the mapping assigning to every x correspondent element ^("t), that means
Evidently Bjt)xe B(t) I^(t)x and D(lA(tj) =D(Bx(t))=V. The properties of operators I*(t) and D(l*(t)) = D(B^(t)) = = V are des.cribea in the following: 
Approximation problem
For arbitrary fixed a >0 and arbitrary T > 0 let us consider for t 6 [o,t] the problem (3), (4). We shall prove the existence of solutions of (3), (4) on the basis of Galerkin method -using the properties of operator B^(t) and the following properties of operator A.
I. d) A is semicontinuous e) Vu e L2(0,T,V) : A u(-) t L2(0,T,V') They can be derived from I a) b) and properties of measurable mappings with values in a Banach space. We shall now sketch the proof of the existence of solutions of (3)» (4).
H is separable so there exists an orthonormal basis jo^j of H composed of points belonging to D. Vie are searching for functions gjm :[o,t]--T such that the function 
(ft [^(t)-u e (t>] ^(t )) < coll u A (t)-u ? (t This implies that

V (t)-u"(t)|f < e' 2 tot
L a i w i -H a i w i i=1 i=1 H
as q »/«-and thus the function ui belongs to c[o,T,h] and $ = u(T}. Since ( V v e V) (u^(t),y) = (A ui^it) + B x (t) ly (t), tr ) so, if -<>°, we get & =* + V almost everywhere in [o,t]. We shall prove that X(t) + ip(t) = A u(t) + B x (t)u(t). Let V be an arbitrary element of LgiC^TjV). Let us denote
X(t i+yi t J-Aw(t )-B^(t >o-(t ) .a^t t )) dt.
-1065 -Let ir(t) = u(t)+j8z(t), 0, and z an arbitrary element of L2(0,T,V). The semicontinuity of A and B^(t) and Lebesque Dominated convergence Theorem imply, as ^ -0, the ineq uality
Since z e L?(0,T,V) is arbitrary, we get the equality
Similarly it can be shown that X(t) = Au(t) (so ip (t) = = B^it) u(t)). The above considerations imply the following corollary.
Corollary A u*,, + B an u^--X weakly in
Moreover, for u Ain the following estimate is true fix (u (t) -u (t)), a (t) -u (t))< . Considering {l^(t)xj, |B a (t)x| we get, as >-0, that B A (t)x -B°(t)x weakly and so B°(t)x is a limit of measurable functions.
Operator B. Let' y e L 2 (0,T,V) be such that y(t) e D for almost every t e[0,T], Then there exists z e L 2 (0,T,V') such that z(t) € B(t)y(t) (in particular B°(t)iy(t) e B(t)y(t) and B°(.)y(') 6 L 2 (0,T,V')). To each y e L 2 (0,T,V) satisfying y(t) € D we can assign the family of all elements z € L 2 (0,T,V'J such that z(t) 6 B(t)y(t). We denote this set by By. B is a multivalued operator from L 2 (0,T,V) into L 2 (0,T,V') and D(B) = {y e L 2 .(0,T,V) :y (t) 6 D}. 
